TRUONG THPT HOANG VAN THU PE CUONG ON TAP GIUA HQOC KY II

TO TOAN MON TOAN — KHOI 12
NAM HOQC 2025- 2026

1. MUC TIEU
1.1. Kién thirc: Hoc sinh 6n tap cac kién thirc vé:

Nguyén ham: khai niém nguyén ham ctia mot ham sb, mot s tinh chét ctia nguyén ham, nguyén
ham cta mot s ham sé thuong gip.

Tich phan: dinh nghia, tinh chit cua tich phan, tinh tich phan trong nhiing truong hop don gian,
van dung tich phan giai quyét mot sé bai toan lién quan dén thuc tién.

Ung dung hinh hoc ctia tich phan dé tinh dién tich hinh phang, thé tich ciia mot s6 vat thé.
Phuong trinh mit phang: Véc to phap tuyén, cip véc to chi phuwong cia mit phang, viét phuong
trinh mat phang, diéu kién hai mat phing vudng gdoc, hai mit phang song song, tinh khoang cach
tr mot diém dén mot mat phfmg, van dung giai quyét mét sb bai toan lién quan dén thuc tién.

1.2.Ki niang: Hoc sinh rén dugc cac ki nang

Trinh bay bai, ki nang tu duy, tinh todn va l1ap luan toan hoc,

- Ning lyc mé hinh hoa toan hoc va ning luc giai quyét van dé toan hoc thong qua mot s bai toan

lién quan dén thyc tién.

2.NOI DUNG

2.1.MA TRAN PE KIEM TRA GIUA HQC KY II

MON: TOAN, LOP 12 — THOI GIAN LAM BALI: 90 phut

HINH THUC
STT NOI DUNG TN TN | TLngan
4 lua chon Bm,lg _Asal (mirc 49
(mircag1,2) | ML 239
1 Nguyén ham 3 1 1
2 Tich phan 3 1 2
3 Ung dung hinh hoc cua tich phan 2 1 1
4 Phuong trinh mit phang 4 1 2
Téng s6 ciu 12 4 6
Tong s6 diém 3 4 3
Tilé % 30 40 30

2.2.Cau hdi va bai tap minh hoa

NGUYEN HAM

PHAN I. Tric nghiém véi nhiéu phwong 4n lwa chon

Cau 1.

Trong cac ménh dé dudi day, ménh dé nao sai?



AI — x dx=If(x)dx—Ig(x)dx. B. I[f(x)+g(x)]dx=jf(x)dx+J.g(x)dx

C. jf f( )+C D. [kf (x)dx=k[f(x)dr, VkeR.
Cau 2. Trong cac khang dinh sau, khéng dinh nao sai?
A. Jldx=1n|x|+C. B. Icostdxz%sin2x+C.
x+l e+1
C. [erdx="—+C. D. [xde="—+C.
x+1 e+1
Cau 3. Khang dinh nao dudi ddy ding?
A. J.sinxdxzcosx+C. B. Icosxdxz—sinx+C.
C. I dx =cotx +C. D. I dx =tanx +C.
sm X COS X
Cau4. Khing dinh ndo dudi dy sai?
n+1
A. Ix”dxz s +C,n#-1. B.Ie"dx:e"+C.
n+1
x+1
C.I7"dx: 7 +C. D.J.cosxdx:sinx+C.
ox+1 )
Cau 5. Ham s0 nao dudi day khong la nguyén ham ctiia ham s0 f(x)=3x"?
A, y=x°. B.y=x"+1. C.y=x"-1. D.y =6x.
Cau 6. Hamsb y =sin2x la mot nguyén ham cta ham sO nao dudi day?
A. y=cos2x. B.y=- cos22x. C.y= CO;Zx. D.y=2cos2x.
Cau7. Ho nguyén ham cta ham s f(x)=x*+2la
A. F(x):2x. B.F(x):x3+2x+C.
x° x°
C.F(x)="+2x+C. D.F(x)=—+2+C.
3 3
Cau8. Ho nguyén ham ciia ham sb f(x) = 36(4962 + 2) la
x* [ 4x°
A. F(x)z?[?+2x]+c. B.F(x)=x4+2x2+C.
C.F(x)=4x*+x* +C. D.F(x)=x"+x*+C.
Ciau9. Cho ham s f(x)=€"" +sin3x. Khang dinh nao duéi day ding?
A. Jf(x)dxzezx —%cos3x+C : B. If(x)dx:ezx —cos3x+C.
e’ sin3x e  cos3x
C.If(x)dx=7+ +C. D. [f(x)dx= —-——+C.

Cau 10. Ho nguyén ham ctia ham sb £ (x)=5"1a

A [ f(x)de=— B. [ f(x)dx=5"+C.
C.[f(x dx——5+C D. [ f(x)dx=5In5+C.
Cau 11. Ho nguyén ham ciia ham s6 f(x)ze’“(Zezx—3) la
jf dx— 26& -3e" +C. B.If(x)dx: 2e33x L3¢ 4 C.

3x

C.[f(x dx:e)‘(e“—s)w. D. | f(x)cx =



Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Ho nguyén ham ciia ham s £ (x)=4sin’x la

If 4sm i) B.jf(x)dx=2x—sin2x+C.
C. If c0522x +C. D.Jf(x)dx:Zx—Zsin2x+C.
Ho nguyén ham cia ham sb f(x)=cos’x—sin’x 1a
_[f s1n2x C B.J.f(x)dx=—smzzx+C.
cost cos2x
C.[f(x) S +C. D. [ f(x)dx=- > +C.
Ho nguyén ham ctia ham sb f(x)=4sinxcos3x la
A. jf(x)d =— 084x+c052x+C. B.If(x)dxz—COS4x—c052x+C.
C.Jf(x)dx= cosdx —cos2x+C. D.jf(x)d _ cosdx +cos2x+C.

3x° +2x*+5

Ho nguyén ham cta ham s6 f(x)= ,x#0 1a
A. F(x):x3+2x2+51n|x|+C. B.F(x):x3+x2+51nx+C.
C.F(x)=x"+x" +5In|x|+C. D.x* +2x* +5Inx +C.
Ho cac nguyén ham j ~dx 1a
x—1)

-1 1 -1 1

A. +C. B. +C. C. +C. D. +C.
4x -2 2x—1 2x—1 4x—-2
.z x+1 ,

Biét J‘4dx =a. ln|x—l|+b.ln|x—2|+C. Tinha+b.

—x"+3x-2
A. a+b=1. B.a+b=5. C.a+b=-5. D.a+b=-1.
Biét F(x)=ax’ +bx+1,(a;beR) la nguyén ham ctia ham s6 f(x)=2x+1. Tonga +b bang
A.’2. B.1. ) C.3. D.o. .
Biet F(x) la mot nguy€n ham cua ham s6 f'(x)=¢* va F(0)=0.Giatri cia F(In3) bang
A. 2. B. 6. C. 8. D. 4.

PHAN II. Cau tric nghiém duing sai. Trong méi y a), b), ¢), d) & mdi cdu, thi sinh chon ding hodc sai

Cau 1:

Cau 2:

Cho ham s f(x) =4x’ —6x. Biét F(x) la mot nguyén ham cua f(x) va F(O) =2.
a) F’( )—f( ) Vx eR.

b) F(x) = [4x’dx [ 6xdx.

c) F( )— -3x" +2.

d) F(1)=3.

Cho ham s y = f(x) c6 dao ham la f'(x)=8x"+sinx,VxeR.

a) Ham s y:f(x) 1a mot nguyén ham ciia ham s6 f’(x).

b) Biét f(0)=3.Khid6, f(x)=2x"—cosx+3.

c) If dx——x —sinx+3x+C, véi C 1a hang sd.

d) Biét F( ) la nguyén ham cua f(x) thod man F(O) =2 . Khi do, F(O) =2.



Cau 3:

\ A _ \ _ . 2{
Cho ham s0 f(x)=2cosx va g(x)=2sin >
a) If(x)dx=251nx+C.
b) Ig x dx=—cosx+C.
c) j[ ]dx x+sinx+C..

d) j ﬁdxzzﬁc (biét x thoa man g(x)=1)

Cau 4: Tai mot khu di tich vao ngay 1€ hoi héng nam, toc do thay doi luong khéach tham quan dugc biéu
dién bang ham sb Q'(t)=4+" —72t> + 288t , trong d6 ¢ tinh bing gio (0<¢<13), Q'(t) tinh bang khach/gi® (
Nguon: R.Larson and B.Eawads, Calculus 10e, Cengage). Sau 2 gid da c6 500 nguoi co mit.

a) Luong khach tham quan dugc biéu dién béi ham sé Q(t)=1t* —24¢° +144¢°.

b) Sau 5 gio luong khach tham quan 13 1325 ngu(‘yi.
¢) Luong khach tham quan 16n nhat 1a 1296 nguoi.
d) Toc do thay d6i luong khach tham quan l6n nhat tai thoi diém t=6.

PHAN III. CAu tric nghiém tra 1oi ngan.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 6:

2x+1

Cho | dx = ax+bln|x—2|+C v6i a,b Q. Tinh gid tri a+b.

xX—

Cho ham s6 y = f co If )dx =xsinx+C. Tinh f(%j

Cho F(x) 14 mdt nguyén ham cta ham sé f(x)= et 1 (x4 —4x° ) .Biéthams6 F (x) dong bién
trén khoang (a; +oo), gi4 tri nho nhét ciia a bang bao nhiéu?
2x+5 khi x>1

Cho ham sb X)= . Gia st F la nguyén ham cua trén R thdéa man
() {3x2+4khix<1 gy /

F(0)=2. Tinh gi4 tri cua F(~1)+2F(2).

Mot chiée 6 t6 dang chay véi van toc 15m /s thi nhin thiy chuéng ngai vat trén duong cach do
50m, nguoi 14i xe ham phanh khéan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi
van toc v(t)=-3t+15(m/s), trong d6 ¢ (gidy). Goi s(¢) la quang dudng xe 6 to di duoc trong
thoi gian ¢ (gidy) ké tir luc dap phanh. Hoi tir lac him phanh dén khi dimng han, 6 t6 di chuyén
duoc bao nhi€u mét?

Mot bac thg xay bom nudc vao bé chta nuée. Goi h(t) 1a thé tich nudc bom duge sau ¢ phut.
Biét 4'(¢)=3at’ +bt,(a;b € R) va ban dau bé khong c6 nudc. Sau 5 phut thi thé tich nuée trong
bé 1a 150dm’,sau 10 phut thi thé tich nudc trong bé 1a 1100dm’ . Thé tich ciia nude trong bé sau

khi bom dugc 15 phut 1a bao nhiéu dm’ ?
TiCH PHAN

PHAN I. Tric nghiém véi nhiéu phwong 4n lya chon

Cau 1:

Xét f(x) 1a mot ham s6 tuy ¥, F(x) 12 mot nguyén ham ctia ham s6 f(x) trén doan [a;b]. Ménh
dé nao dudi day ding?

A. jjf(x)dsz(b)—F(a). B. [ £(x)ck=F(a)~F(b).

f(x)dx =—F(a)—F(b).

QA — T D —y

c. j £(x)cbe= F(a)+ E(b). D.



1: Biét jf(x)dxzz va jg(x)dx=6. Khi do, _z[[f(x)—g(x)]dx béng

A. 4. B. 8. C. 4. D. -8.
2
2: Cho ham s f(x) c6 dao ham trén doan [1;2], f(1)=1 va .[f’(x)dx=5. Gia tri f(2) bang
1

A. 6. B. 4. C. 3. D. 7.
3: Chohamsd f(x) liéntyc trén R. Goi F(x) la mot nguyén ham ciia ham s6 f (x) trén R thoa

2
man F(2)-F(0)=10.Khidé [3/(x)dr bing
0

A.6. B.9. C.5. D.30.
4: Biét F(x)=x" 1a mot nguyén ham ctia ham s6 f(x) trén R . Gia trj ctia ‘3[(1 + f(x))dx bang
A. 20. B. 22. C. 26. Di 28.
5: Cho jf(x)dx =5va if(x)dx =-3, khi do j-f(x)dx bang
A. 8.0 0 B.15. 2 C. -8. D. —-15.
6: Chohamsd f(x)lién tuc trén [0;3]. Néu jf(x)dx =2thi i[x —3/(x)]dx bang
0 0
.o 53 2. b2,

7: Cho ham s6 f(x) lién tuc trén R va c6 mot nguyén ham la F(x). Biét F(1)=8, gia tri F(9)
duoc tinh bang cong thirc nao dudi day?

A. F(9)=1'(9). B. F(9)=8+r(1).
9 9
C. F(9)=[[8+./(x)]dx. D. F(9)=8+ f(x)dx.
PR 1
8: Biét J‘[x+—de=a+2lnb,vc’ri a,beZ.Tong a+b bang
x
1
A. 3. B. 5. C.7. D. 6.
b
9:  Co bao nhiéu sb thuc b thude khoang (7[;37{) sao choj4cos 2xdx =17
T
A. 4. B. 6. C.8. D. 2.
i
10: Biét I4sin2xdx=u7r+b\/§, (a;be@). Tinh ab.
0
AL B. 2. c.3. p. -1,
3 7 4 6
11: Goi 1a cac sb nguyén sao cho IOZ\/ex+2dx =2ae’ +be,(a;b S Z). Gid tri cia a° +b” bang
A. 3. B. 8. C. 4. D. 5.
3
. dx .
12: Biét [————=aB3+bV2+c véi a, b, ¢ lacacsd hiruty. Tinh P=a+b+c.
'!.\/x+1—\/; Y

A. P=5. B. P=2. c.p=13. p. p=19.
3 2



1
Chu 13: Biét j6x+3dx:a+b1n2+c1n5, (a:b;c€Q). Tinh a+2b+3c.
0 3x+5
A. 3. B. -5. C. 0. D. 1.
1
Ciu 14: Biét [2 dx—aln2+bIn3, (30 Q). Tinh ab
o X —
A2 B.2. c.3. p. -3,
5 8 7 2
5
Cau 15: Cho _[ ad ~dx=a+bIn2+cIn3 v6i a,b, c 1a cac sO hitu ty. Gia tri cia abc bang
i(x—1

A 1, B.3.

6

c. 2. D.2.
3
Céu 16: Cho ham sé f(x) c6 dao ham trén R 1a f'(x)=sinxcosx va f(0)=1. Tinh tich phan

T—4 N ikl c. =72 p. 1=Y"2
2 8 16 16

T

Chu 17: Chohamsd f(x).Biét f(0)=4 va f'(x)=2sin’x+1,VxeR. Khi do, i f(x)dx bing
0

2 2 2 2
AT +157r. B.~ +167r—16. c.” +167r—4. p. = -4
16 16 16 16
3
Cau 18: Chohamsd f(x) c6 f(0)=-2 vadao ham f'(x)z;, Vx >—1. Tich phan J.f(x)dx bang
Vx+1 0
A2 B. L2, c. -2, D. -2
3 3 3 3

Gia tri biéu thuc f(3)—/(2) bing
A. 20. B. 51. C. 64. D. 45,

PHAN II. Cau tric nghiém ding sai. Trong méi y a), b), ¢), d) & mdi cdu, thi sinh chon diing hodc sai

9
Cau 1: Chohamsd f(x) lién tuc trén R, F(x) la nguyén ham ctia f'(x) va jf(x)dx =9.
0



9

a) [f(x)dx=F(9)-F(0).

b) Néu F(0)=3 va if(x)dxz9 thi F(9)=-12.

9

0) [3f(u)du=27

0

d) jf(x)dx+if(x)dx=18

Cau2: Chohamsd f(x)=3x"-2x-1 c6 daoham f'(x).

a) jf’(x)dxzs.b) jf(x)dx:7.

©) [3£(x)dx=42.

d) J-xf(x)dx

0

_3l
12°
x*=2x khix>2

Cau3: Chohamsd f(x)= .
/&) {x—2 khix<?2

2

a) J%f(x)dx:j(x—Z)dx.

1

b) j F(x)dx = j(x2 —2x)dx.

0 jf(x)dxz(x—;—ch

r 5
d) ! f(x)dv==.
Caud: Mot 6 to bat dau chuyén dong nhanh dan déu véi van toc 12 (t) =2t (m/ s) , trong do thoi gian ¢
tinh bang gidy. Sau khi chuyén dong dugc 12 gidy thi 6 to gap chudng ngai vat va ngudi tai xé phanh gip, 6
t0 tiép tuc chuyén dong cham dan déu véi vén toc v, (¢) va gia téc 1a a = -8 (m / sz) cho dén khi dimg han.
a) Quang dudng 6 t6 chuyén dong nhanh dan déu 1a 144m.
b) Van tdc cua 6 t6 tai thoi diém nguoi tai xé phanh gap
¢) Thoi gian tur luc 6 t6 giam toc d6 cho dén khi dung han la 3 gidy.
d) Tong quang duong 6 t6 chuyén dong tir luc xuat phat dén khi ding han la 168m.
PHAN III. Céu tric nghiém tra 1oi ngan.

1
Caul: Cho I(L—Lde=aln2+b1n3+c,(a;b;ceZ). Tinh a+b+c.
o\x+1 x+2

Cau2: Chohamsd f(x).Biét f(0)=4 va f'(x)=2sin’x+1, VxeR. Biét

2
%ﬁ;(d;be%), tinh a+b.

Cau 3: Puodng gap khiic 4BC trong hinh vé& bén dudi 1a d thi cia ham s y = f (x) trén doan [—2;3] .

f(x)dxz

O |y



Tinh j‘f(x)dx.

1
Ciu4: Biét J’ xdx
0 (x+2)

>=a+bIn2+cIn3 voi a,b,c€Q. Tinh 3a+b+c.

Cau 5: MOt vat chuyén dong trong 3 gid véi van tde v(km/h) phu thudc thoi gian ¢ (h) ¢ d6 thi 1a mot

phan ctia dudng parabol c6 dinh 1 (2;9) va truc ddi xtg song song véi truc tung nhu hinh bén dudi:
Y oA

I

0 2 3 t

Tinh gan dtng dén hang phan chuc quing dudng s ma vat di chuyén duoc trong 3 gio do.
Cau 6: Mot chat diém 4 xuét phat tir O, chuyén dong thang voi van toc bién thién theo thoi gian boi quy
luat v(t) = ﬁ £ + i—it(m /s), trong d6 t (gidy) 1a khoang thoi gian tinh tr lac A4 bat dau chuyén dong. Tur

trang thai nghi, mot chat diém B ciing xuat phat tir O, chuyén dong thang ciing huéng v6i 4 nhung chim
hon 3 gidy so v6i A va c6 gia toc bing a(m/s’) (a 1 hing s). Sau khi B xut phat duoc 15 gidy thi
dudi kip A . Tinh van toc ctia B tai thoi diém dudi kip A.

UNG DUNG HINH HQC CUA TiCH PHAN

PHAN I. Tric nghiém véi nhiéu phwong 4n lya chon
Ciu 1. Cho ham s0 y = f'(x) thod mdn ham y = f'(x) lién tyc trén R va c6 do thi nhu hinh bén. Gia tri
clia bicu thitc f(4)— £ (—4) bing

¥

y=rx)

- ) w -

[ed

-2

-3




A.12. B. 3. C. 24. D. 6.
Cau 2. Hinh phang gi6i han boi d6 thi ham sé y = x* va duong thing ¥ =2x+3 c6 dién tich la
A2 B. 2. c. 2 D. 22
3 3 3 3
Céu 3. Hinh v& bén bicu dién truc hoanh cét d6 thi ham s y = f(x) tai ba diém c6 hoanh do x,,x,,x,

(x, < x, <x, ). Dién tich phan hinh phdng gi¢i han bdi d thi ham s6 y = ' (x) va tryc hoanh la

A (e[ f (x)dv. B. [/ (x)dx[" (x)dr.
C. ‘ D ()ds | f(x)dx‘. D. [ f(x)dx‘.

Cau 4. Dién tich hinh phéng g161 han boi cac duong y = Jx ,¥y=2—x vatruc Ox duogc tinh bdi cong thirc

A

N\ y=vx

A. IOZ(\/;—Z+x)dx. B. I02(2—x—\/;)dx.
1 2 2 2
C. [ Vxde+["(2—x)dx. D. [ Vxdx+ | (2-x)dx.
Chu 5. Cho ham s6 y = f(x) lién tuc trén R ¢4 do thj cét truc Ox tai dung 4 diém phan biét (hinh bén).
Biétring [ f(x)dx=21, [ f(x)dr=-2, [ f(x)dx=3. Dién tich ciia hinh phang gi6i han boi dd thi

ciia ham s6 y = f(x) va truc Ox bang

Yy




Chu 6. Cho ham s6 y = f(x) lién tuc trén[a;b],(a,b € R,a <b). Goi D 1a hinh phang gi¢i han béi cac
duong y=f (x),x = a,x =b va tryc hoanh. Quay hinh phang D quanh truc Ox ta dwoc mot khdi tron

xoay c6 thé tich dugc tinh boi cong thirc
2

b a
AV =[(/(x)) dr. B.V =x['(f(x)) dr.
C.Vv :%ﬂjj(f(x))z dx.D.V = JrLb(f(x))z dx.
Céu 7. Thé tich khdi tron xoay tao thanh khi cho hinh phang gi¢i han boi cac dudng y= Jx, y=2-x va
truc hoanh quay xung quanh Ox dugc tinh boi cong thirc

£ 3

N

y=2-X
A.ﬂfoz(x/;—2+x)2dx. B.J-O]xdx+J-12(2—x)2dx.
C. ﬂI; xdx + 72'_[12(2 —x)2 dx. D. 7Z'I()1 xdx + zjoz(2 —x)2 dx

Cau 8. Mot vat chuyén dong vai van toc thay doi theo thoi gian v = f (t) (voi f (t) > 0Vt ) Quang duong
vat di dugc trong khoang thoi gian tir thoi diém a dén thoi diém » 1a:

A f(b)-f(a).  B.J f(r)de. C.['f(t)dr. D.f'(a)-f'(b).
Cau 9. Mot chit diém dang chuyén dong véi véan toe v, =15m/s thi tang van tc voi gia toc
a(t)=1+ 4t(m / sz) . Quéing duong chét diém d6 di duoc trong khoang thoi gian 3 gidy ké tir ltic bat dau

tang van toc 1a

A. 67,25m. B.68,25m. C.69,75m. D.70,25m.
Céu 10. Cho phan vat thé (T) gi6i han boi hai mat phiang c6 phuong trinh x =0 va x = 2. Cit phan vat
thé (T) boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do x(0 < x < 2), ta duogc thiét dién 1a mot
tam gidc déu c6 do dai canh bing xv/2—x . Tinh thé tich » cua phan vat thé (T).

A.V:%. B. V:g_ C.V=43. D.V=43.

PHAN II. Cau tric nghiém ding sai. Trong méi y a), b), ¢), d) & mdi cdu, thi sinh chon diing hodc sai
Cau 1. Trong mit phing toa dd Oxy, xét parabol (P): y =x* —4 . Cac ménh dé sau diing hay sai?
a) Hoanh do giao diém cua (P) va Ox 1a —2 va2
3
b) [(x*—4)x="+4x+C
) [( -4 =3

¢) \xz —4\ =x’—4,Vxe[-2;2]



d) Dién tich hinh phang gi¢i han boi (P) va Ox bang %

Cau 2. Cho ham s y = f(x) ¢6 do thi ham s6 y = f"(x) cét truc Ox tai ba diém c6 hoanh d§ a <b <c
nhu hinh vé:

u\j b \(' e

a) f(c)>f(a)>f(b)

b) f(c)>f(b)>f(a)

©) f(a)>r(b)>f(c)

d) f(a) > f(b)
Cau 3. Cho cac ham s0 y = f(x), y = g(x) lién tuc trén doan [0;1] va c6 d6 thi nhu hinh bén. Hinh
phang (H) gi6i han bai d6 thi cac ham s6 y = f(x), y = g(x) va hai dudong thangx=0,x=1.

yA

y=/x

7

(0] l X

a) Dién tich hinh phang gidi han bdi d6 thi ham s y = 7(x), truc hoanh va hai duong thang
1
x=0,x=11a Szjf(x)dx
0
b) Thé tich vat thé tron xoay dugc tao thanh khi quay hinh phing gi6i han boi do thi ham s6

1
y = f(x), truc hoanh va hai duong thang x =0,x =1 quanh tryc hoanh 1a ¥ = J' 7 (x)dx
0

1
¢) Dién tich hinh phing (H) 1a § = j [ £ (x)-g(x)]ax
0

d) Thé tich vat thé tron xoay dugc tao thanh khi quay (H) quanh truc Ox 1a
1

V=l /()-8 @ .

0

D 2
Cau4.  Xéthinh phing gi¢i han boi cac duong y=+Jx, y = %,x —0,x=4.



VA

(@)

Y x

a) Dién tich hinh phing la g

b) Thé tich khdi tron xoay sinh ra khi quay hinh phang gidi han boi cac dudng
y=\/;,y=0,x=0,x=4 quanh truc Ox 1a V, =8~
¢) Thé tich khéi tron xoay sinh ra khi quay hinh phang gii han bdi cac duong
2
y:%’yzoszoszz quanh tryc Ox 1a 7, 216?”

d) Thé tich khéi tron xoay sinh ra khi quay hinh phiang xung quanh tryc Ox 1a ¥ = 24?”

PHAN III. Cau tric nghiém tra 1oi ngan.

Caul.

Mit cat ngang clia long méang dan nudc 1a hinh phang gi6i han béi mot parabol va duong thang

nam ngang nhu Hinh (phan dugc t6 mau xam). Tinh dién tich ciia mat cat ngang do.
2m

Cau 2.

Cho D 1a hinh phing gi6i han boi dd thi cia ham s6 y =+/x , truc hoanh va dudng thing x = 4.

Puong thang x =a(0<a <4) chia D thanh hai phan c6 dién tich bang nhau (hinh)

Cau 3.

YA
y=+x
_’ ___________________________ /
| ‘i:‘ i\g—
]| 1‘1H‘: | —— )
AN«
0 a 4

Tinh gia tri cta a.

Mot khdi bé tong cao 2 m duoc dat trén mat dat phang. Néu cat khdi bé tong nay bang mit phang
nam ngang, cach mat dat x(m)(0 < x <2) thi dugc mat cat 1a hinh chit nhat c6 chiéu dai 5 m,
chiéu rong (0,5)"(m) (Hinh).



Cau 4.

Cau 5.

Tinh thé tich ctia khdi bé tong (két qua lam tron dén hang phan trim cia mét khoi).

Khi sir dung phan mém mé phong dé thiét ké mot chau ciy, ngudi ta quay hinh phang giéi han
boi do thi ham sb y= Jx+2 , truc hoanh va hai duong théng x =0,x =4 quanh truc hoanh. Biét
don vi trén céc truc toa dd 1 dm . Thé tich cta chiu cay (két qua lam tron dén hang phﬁn muoi)
bang bao nhiéu dm*?

Cho ham s6 f(x) c6 dao ham lién tyc trén R va théa man cac diéu kién £(0) =2,

(¥ +1)fx)+xf(x) =—x,Vx € R. Goi () 1a hinh phéing gi6i han boi dd thi ham sb

, hai truc toa d¢ va duong théng x =3.Quay (H) quanh truc Ox ta dugc khdi

g(x)= 700

tron xoay c6 thé tich bang v (don vi thé tich). Tinh ¥ . (1am tron két qua dén hang don vi)

PHUONG TRINH MAT PHANG

PHAN L. Tric nghiém véi nhiéu phwong 4n lwa chon

Cau 1:

Cau 2:

Cau 5:

Ciu 6:

Trong khong gian Oxyz , mit phang nao dudi diy nhan , = (3;1;—7) la mot vecto phap tuyén?
A. 3x+z+7=0. B.3x—y-7z+1=0.

C.3x+y—-7=0. D.3x+y-7z-3=0.

Trong khong gian Oxyz , khoang céach gitta hai mit phang (P):x+2y+3z—1=0 va
(Q):x+2y+3z+6:O la

7 B S C. 14 D>

A = T5 . T5

Trong khong gian Oxyz , cho mit phang (P) :3x—2z+2=0 di qua diém ndo sau day?

A. B(4;2;1). B. 4(1;2:4). C. D(2:1;4). D. C(2;4;-1).
Trong khong gian Oxyz , cho diém A4(1;2;3). Mat phang chira diém 4 va truc Oz c6 phuong
trinh la

A. 2x—y=0. B.x+y—z=0. C.3y-2z=0. D. 3x—z=0

Trong khong gian Oxyz , cho diém A(2;-1;-3) vamat phang (P) :3x-2y+4z-5=0.Goi (Q)
12 mat phang di qua 4 va song song v6i mit phang (P). Mat phang (Q) co6 phuong trinh 1a:
A3x-2y+4z—-4=0 B.3x-2y+4z+4=0.

C.3x—2y+4z+5=0. D.3x+2y+4z+8=0.

Trong khong gian v6i hé toa do Oxyz , cho hai diém A4 (4; 0;1) VéB(—2;2;3) . Phuong trinh nao

dudi day 1a phuong trinh mat phang trung tryc ciia doan thang 4B ?
A. 3x+y+z-6=0. B.6x-2y-2z-1=0.C.3x—y—-z+1=0. D.3x-y-z=0.



Cau7: Trong khong gian vé6i hé toa d6 Oxyz , cho diém A(1;1;1) va hai mat phing
(P):2x—y+3z—1=0, (Q):»=0. Viét phuong trinh mat phiang (R)chua 4, vudng goc véi
c4 hai mét phang (P)va(Q).

A. 3x—y+2z-4=0. B.3x+y-2z-2=0. C.3x-2z=0. D.3x-2z-1=0.

Cau 8: Trong khong gian v6i hé toa d6 Oxyz , mit phing di qua ba diém A(2:3;5), B(3;2;4) va
C(4;1;2) c6 phuong trinh la
A. 3x—y+2z-4=0. B.x+y-5=0. C.y—-z+2=0. D.2x+y—-7=0.

Cau9: Trong khong gian Oxyz mit phiang (P):2x+ y+2z-2=0 song song véi mit phing nao dudi
day?

A. x+%y—%z—l=0. B.x—y—z-2=0.C.4x+2y+2z+4=0. D.2x+y+z-2=0.

Cau 10: Trong khong gian v6i hé toa @6 Oxyz cho mit phang (P) c6 phuong trinh:
mx+(m—1)y+z—10=0 va mat phang(Q):2x+y—2z+3=0. Véi gia tri nao cta dudi ddy cia
m thi (P) va (Q) vudng goc voi nhau
A. m=-2. B.m=2. C.m=1. D.m=-1.

Cau 11:  Trong khong gian voi h€ toa dd Oxyz , cho mét phang (P) c6 phuong trinh: 3x+4y+2z+4=0
va diém A(1;—2;3) . Tinh khoang céch d tir 4 dén(P) .

5 5 5 J5

A.d:§. B. d C.d=——. D.d=—.

T29° J29 3

Céu 12. Trong khong gian véi hé truc toa dd Oxyz , cho diém M (1,2;3). Goi 4,B,C lan luot 13 hinh
chiéu vudng goc ctia M trén céc truc Ox, Oy, Oz . Viét phuong trinh mit phang (ABC).

A X 2, B.X Y, Z_q. c. X 2 2. D. ——+=+==1.
1 2 3 1 2 3 1 2 3 1 2 3

Cau 13. Trong khong gian véi hé toa d6 Oxyz , viét phuong trinh mit phang (P) diqua 4(L;1;1) va
B(0;2;2) ddng thoi cat cac tiaOx, Oy 1an luot tai hai diém M, N ( khong trung voi gbe toa do ©) sao
cho om =20N
A. (P):3x+y+2z-6=0 B. (P):2x+3y—z-4=0
C.(P):2x+y+z—4=0 D. (P):x+2y—z-2=0

Céu 14. Trong khong gian voi hé truc toa do Oxyz , cho bon diém S(-1;6;2), 4(0;0;6), B(0;3;0),
C (—2; 0;0). Goi H 1a chan duong cao vé tir S cua tir dién S.4BC . Phuong trinh mit phang di qua ba diém
S,B,HIla

A x+y-z-3=0. B.x+y-z-3=0.

C.x+5y—-7z-15=0. D.7x+5y—-4z-15=0.

Cau 15. Trong khdng gian Oxyz, cho 4(2;0;0), B(0;4;0), C(0;0;6),D(2;4;6). Goi (P) la mit phang
song song v&imp(ABC), (P) cach déu D va mit phang(ABC). Phuong trinh cta (P) la



A.6x+3y+2z-24=0. B.6x+3y+2z-12=0.
C.6x+3y+2z=0. D.6x+3y+2z-36=0.

PHAN II. Cau tric nghlem dung sai. Trong méi y a), b), ¢), d) o moi cdu, thi sinh chon diing hodc sai
Céau 1. Trong khong gian Oxyz , goi 13 mit phing di qua hai diém A(1;3;4), B(2;—1;5) va vudng goc véi

mit phang (Q):2x—3y+z+1=0
a) Mot vecto phap tuyén cuia mit phing (Q) 137 = (—4;6;-2)

b) Trung diém cua doan thing 4B 147 (%;l;gj

c¢) Mit phing qua 4 va song song v6i (Q) ¢ phuong trinh 1a—2x+3y—z+3=0

d) Phuong trinh mit phang (P) la—x+y+5z-22=0
Cau 2. Trong khong gian toa d§ Oxyz , cho diém A(-1;2;3) va hai mat phéng (P):x—2=0va
Q):y—z-1=0.

a) Mot vecto phap tuyén clia mat phang (P) 1a n= (1;-2;0)

b) Hai mat phang (P) va (Q) vudng goc v6i nhau

¢) Phuong trinh mit phang qua A4 va song song v6i (Q) 1a: y—z+1=0

d) Phuong trinh mit phang di qua diém 4 va vudng goc v6i ca hai mat phang (P) va (Q) la:

y+z-5=0

Cau 3. Hinh v€ minh hoa hinh 4nh mot toa nha trong khong gian v&i hé toa dd Oxyz (don vi trén mdi truc
toa do 1a mét).

Biét A(50;0;0), D(0;20;0), B(4k;3k;2k) voi k >0 va mit phang (CBEF) c6 phuong trinh 1az—-3=0.

a) Toa do cua diém B la (6;%;3)

b) Mot vecto phap tuyén cia mit phang (CBEF) 1a 7 = (0;1;-3)
¢) Phuong trinh mit phang (40BC) 1a 2y—-3z=0
d) Mit phing (DOBE) c¢6 mdt vecto phap tuyén la: p = (2;0;—1)

Céu 4. Trong khong gian Oxyz , cho diém M (1;3;—2) va hai mit phang(P):2x— y+3z+4=0,
(Q):4x—2y+6z—l =0

. . . . 15
a) Khoang cach tir diém Az dén mat phdng (P) bang E

b) Mt phang (P) vudng géc véi mét phing (Q)

956
56

¢) Khoang cich giita hai mit phang (P) va (Q)bang

d) Mit phang qua diém A7 va song song véi mit phang (P) c6 phwong trinh tong quat 13
2x—y+3z-10=0



PHAN III. CAu tric nghiém tra 10i ngin.

Cau 1. Hai hoc sinh dang chuyén bong. Ban nit ném bong cho ban nam. Qua bong bay trén khong, 1éch
sang phai va roi xuong tai vi tri cach ban nam 3m, cach ban nit Sm (Hinh). Cho biét quy dao cta qua bong
nam trong mit phang (P) vudng goc v6i mit dat. Phuong trinh cta (P) trong khéng gian (P) dwoc mo ta

nhu trong hinh v€ c6 dangax+3y=0. Tim a

Ciu 2. Trong khong gian Oxyz , tinh hoang cach gitta hai mit phang (P):x+2y+2z—-10=0 va
(Q):x+2y+2z-3=0 (lam tron két qua dén hang phan muoi)

Céu 3. Mot vat trang tri c6 dé dang khéi chop cut déu ABCD.A'B'C'D’ ¢6 chiéu cao 3 cm ,
AB = 8\/§cm, AB = 6x/§0m

Goi O 1a giao diém ciia AC va BD,O' 1a giao diém cia A'C’ va B'D .V&i hé tryc toa dd nhu hinh v&,
mit phing (CDD'C') cat tia O- tai diém M (0;0;m). Tim gié trj ctia m .

Céu 4. Trong khong gian véi hé truc toa d6 Oxyz , cho hai diém A(1;2;3), B(5;—4;—1) vamat phang (P)
qua Ox Sao chod(B;(P)) = Zd(A;(P)) , (P) cit 4B tai I(a;b;c) ndm gilta 4B. Tinh a+b+c.

Cau 5. Trong khong gian Oxyz, cho hinh chop S.OBCD c6 day 1a hinh chir nhat va cac diém 0(0;0;0) ,
B(2;0;0), D(0;3;0), S(0;0;4).

Tinh gan dung dén hang phan trim khoang cach tir diém C dén mit phang (SBD).



2.3.PE MINH HQOA

PHAN L. (3 diém) Thi sinh trd 1oi tiv cdu 1 dén cdu 12. Méi cdu héi thi sinh chi chon mét phwong dn.

Cau 1. Thé tich khdi tron xoay tao thanh khi cho hinh phang giéi han béi do thi ham s6 £(x) =+/x , truc
hoanh va hai duong thang x =0,x =9 quay quanh truc Ox la:

A. Vzngﬂ(dvtt) B.V :%(dvtt) C. V =18x (dvtt) D.V zgg(dvtt)
. 2x+1 khix<0 r s .
Cau 2. Cho ham séf(x) = ) . Tich phan [ = If(x)dx c6 gia tri bang bao nhiéu?
e khi x>0 b
A I=¢&—1. B. I=e+2. C.l=—e. D. /=¢"-3.

Céu 3. Trong khong gian véi hé toa dd Oxyz , cho mit phang (2) c6 phuong trinh2x—y+5=0. Mat phang

(P) c6 mdt vécto phéap tuyén la:
A n=(0;2;-1) B. n=(2-1;5) C. n=(2;0;-1) D. n=(2-1;0)

Céu 4. Trong khong gian v6i hé toa do Oxyz , cho céc diém A4(2;0;0), B(0;—1;0), C(0;0;3). Phuong trinh
mit phang (ABC ) la:

A —+-+—=1 B.3x-6y+2z-12=0
2 1 3

c X Y,Z 4 p. XY 2
2 1 3 2 1

Cau 5. Trong khong gian v6i h¢ toa d§ Oxyz , cho hai diémA(3;—l;5), B (1; 1;3). Phuong trinh méat phfmg

trung tryc cia doan thfmg AB la:
A . x—y+z-6=0 B. x—y+z-9=0

C.2x—y+z-6=0 D. 2x-2y+2z-5=0
, 5 5
Cau 6. Biét [ £ (x)dx =4, tinh [ 3/ (x)dx.
1 1

A. 3. B. 6. C. 4. D. —-12.

Céu 7. Choham s6 f(x) thoaman f'(x)=3+cosx va f(0)=1.Ménh d& nao sau day la ding?
A. f(x)=-sinx+1 B. f(x)=3x+sinx+1
C. f(x)=3x+sinx+2 D. f(x)=3x+sinx

Cau 8. Ham s6 F(x)=3x+x la mot nguyén ham cua ham sé:

2 2 2

A. f(x)=x3+% B. f(x):x3+%+2025 C. f(x):x3+%+C D. f(x)=6x+1



Céu 9. Cho ham s f(x) lién tuc trén doan [-2;1] va F(x) 1a mdt nguyén ham cua f(x) trén doan[-2;1].

1
Tinh j F(x)dx , bibt F(-2)=—4 vaF(1)=7.
-2

A. 12. B. 10. C. 11. D. 4.
Cau 10. Nguyén ham ciia ham sé f(x) =5" 1a:

SX R 5x+1
+C C.5In5+C D.
In5 x+1

A. x.57"'+C B. +C

Céu 11. Cho ham s6 y = f(x) lién tuc trén doan [a;b]. Hinh phing giéi han bdi do thi ham s6 y = f(x) ,

truc hoanh va hai duong théng x=a,x=>b codiéntich § la:

A S=[[f()] ax B. S= C. §={|f () D. S = f(x)dx

j: f(x)dx

Céu 12. Trong khong gian v6i hé toa dd Oxyz , cho mit phang (P) c6 phuong trinhx+ y+z-3=0. Mat
phang (P) di qua diém nao trong céc diém sau day:
A. N(3;5;,-12) B. K(2;-1;2) C. H(3;-54) D. M (1;-2;2)

PHAN I1. (4 diém) Thi sinh trd 16i tic cdu 1 dén cdu 6. Trong méi y a) b) ¢) d) & méi cau, thi sinh chon
dung hodc sai.

Caul: Chohamsd f(x)=sinx.

a)jf(x)dx =—cosx+C. b)j:f(x)dx =cosb—cosa.
©) i(zx—f(x))dxz%zﬂ.

_? + f(2x) c6 banghiém thudc doan [0;7].

d) Phuong trinh:

BN —w |y
e
—~
) =
N—

Il

Céu 2: Trong khong gian v6i hé toa do Oxyz , cho céc diem 4(2;3;1), B(1;2;-1), C(3;-2;6).
a) AB = (-L-1;,-2) va AC = (1,-5;5).
b) Mit phang (ABC) c6 mot vécto phap tuyén la: n =(5;-1;-2)
¢) Phuong trinh mt phang (ABC) la: 5x—y—2z-6=0

d) Goi A7 la diém di dong trén mat phéng toa do (Oxy) pé P= ‘m +MB+MC dat gié tri nho nhat
thi M (a;b;¢). Tacoa+b+c=5.



Cau 3: Mot vat chuyén dong thang véi van tc v(r) (m/s)theo thoi gian #(s)dugc cho bi d6 thi nhu hinh
vé bén dudi:
v(tl

30 -~

o
N
o
w
=]

()= 3t khi0<£<10
~ 130khil0<r<30

10
b) Quing dudng ma vat di chuyén duoc trong 10 gidy dau tién duogc tinh boi cong thirc S = I3tdt.
0

20
¢) Quing dudng ma vat di chuyén duogc trong 20 gidy dau tién duoc tinh bdi cong thirc S = _[ 3dt.
0
d) Quing duong ma vat di chuyén duoc trong 30 gidy dau tién bang 750 (m).
Chu 4: Cho ham s f(x)=3".
a) [f(x)dr=3"In3+C

e 3
b) [[f(x)-e ]dx—m—e +C

. 3*.e”
o [f(x)ed= T

d) Néu F(x) la mot nguyén ham cia f(x) thi F'(log,5)= J5.
PHAN II1. (3 diém) Thi sinh trd 16i tiv cdu 1 dén cdu 6.

+C

2 _2x+1

3
. 1 ,
Cau 1: Biét _[x dx=—+bIn3-cIn2,véi a,b,ceN tinh S=2a+b+c.
2

X a

Céu 2: Trong khong gian Oxyz , mat phang (P) di qua M(1;2;3) va cit céc tia Ox, Oy, Oz tai cac diém
L + L +

OA*> OB* 0OC?

Cau 3: Mot quan the vi khuan ban dau gom 500vi khuan, sau d6 bat dau tang truéng. Goi P(¢) 1a so lugng

A,B,C saocho T = dat gia tri nho nhét c6 dang x+ay+bz+c=0. Tinh a+b+c.

vi khuan ciia quan thé d6 tai thoi diém ¢, trong d6 t tinh theo ngay (0 <7 <10). Tdc d ting trudng ctia
quan thé vi khuan d6 cho bai ham s6 P'(f) = Kkt trong d6 k 1a hang sd. Sau mot ngay, sé lugng vi khuan
ctia quan thé d6 da tang 1én thanh 600 vi khudn ( Nguon: R. Larson and B. Edwards, Calculus 10e,

Cengage 2014). Tinh sb lugng vi khuan ctia quan thé d6 sau 9 ngay?
y A

Céiu 4: Phan hinh phang (H ) dugc gach chéo trong hinh vé& bén duoc gidi han y=a® + 4z
bdi d6 thi ham s y = f(x), y =x* +4x va hai duong thang x=-2; x=0. Biét
° 8 : . , \| -2 & o
I 2f(x)dx = 3 tinh dién tich hinh phing (/) (két qua lam tron dén hang P ESfo o
-2 Y s
N | RS y = f(x)
phan tram) 32& '




Cau 5: Trong khong gian véi hé toa d0 Oxyz (don vi trén céc truc toa do la mét), mdt ngdi nha nhu hinh
~ re 3A S \ M A - < A Je re [P r A 1w 1 . /e
v€ dudi day co san nha nam trén mat phang vudng gbéc vadi truc cao tai di€ém co6 cao do bang 7 Hai mai

nha 1an lugt ndm trén cdc mat phing(P):x—2y+5=0, (Q):x—2y—3z+20=0. Tinh chiéu cao clia ngdi

nha (tinh tir san nha dén diém cao nhat cua mai nha).

J ..;‘ - “
m;ﬂ‘}umm"“a
<l

Céu 6: Cho ham s6 f (x) c6 daohamla f'(x)= 2 _23 , VxeR\{2} théaman f(1)=1va f(3)=2.Bié
o

f(0)+2f(4):a+bln2,(a;beZ), tinh a+b.



